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TECENICAL NOTE 2470

EFFECT OF AN AUTOPILOT SENSITIVE TO YAWING VELOCITY
ON THE LATERAL STABILITY OF A TYPICAL
HIGH-SPEED AIRPLANE

By Ordway B. Gates, Jr., and Leonard Sternfield

SUMMARY

A theoretical invegtigation has been made to determine the effect

on the latersl stebility of a typical high-speed fighter airplane of an
autopilot sensitive to yawing velocity. The effects of inclination of

the gyro spin axis to the flight path and of time leg 1n the sutopllot

were also determined. The flight conditions investigated included
landing at sea level, approach condition at 12,000 feet, and cruising at
50,000 feet at Mach numbers of 0.80 and 1.2. The results of the inves-
tigation indicated that the lateral. stability characteristics of the
alrplane equipped with this autopilot should satisfy the period-damping
criterion. Airplane motions subsequent to a disturbance 1n sideslip
are presented for several representative flight conditions in which a
time lag in the autopilot of 0.10 second was assumed.

INTRODUCTION

Recent flight tests of sircraft designed for transonic and super-
sonic speeds have indicated that poorly damped lateral oscillatlons are
encountered. A means for providing adequate damping of such oscillations
is therefore desirable. The results presented in reference 1. show that .
the damping of the lateral oscillatlion of an alrplane can be lmproved by
use of automatic stabilization, and the type of autopilot which resulted
in the greatest improvement in damping wes found to be one which appliles
rudder control proportional to the yawing angular veloclty. BSuch an
autopilot was installed in the Boeing XB-47 and, according to reference 2,
the flight tests of this alrplane with the autopilot installed indicated
an increase in the demplng of the lateral oscillation. The purpose of
the present investigation 1e to determine the effect of thig type of
autopilot on the lateral stability of a typical fighter airplane desgigned
for trensonic and supersonlc gpeeds. :

L
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The effects on the lateral stablility characteristice of inclinetion
of.the gyro spin axis to the flight path and of time lag in the auto-
pllot system are also discussed. The results of the investigation are
presented in the form of motions subsequent to an initial disturbance in
sldeslip and plots of the time to damp to half-amplitude and the period
of the oscillation for different flight conditions.

SYMBOLS AND COEFFICTENTS

¢ angle of roll, radians
¥ angle of yaﬁ, radians

angle of sideslip, radians (v/V)

T,y yewing engular velocity, radians per second (dy/dt)
p,¥ rolling angular velocity, radians per second (d@/dt)

v gideslip velocity along lateral axis, feet per second
Vv airsgpeed, feet per second

o] mass density of air, slugs per cublc foot

q dynamlc pressure, pounds per square foot: (%pV2>

b wing span, feet

Sw wing area, square feet

Sp auxiliary-control-surface area

SR rudder ares

W weight of airplane, pounds

m mass of airplane, slugs (W/g)

g acceleration due to gravity, feet per second per second
My relative-density factor (m/pSyb)

€ angle between longitudinal body axis and principal axis,

positive when body axis is above principal axis at nose,
degrees
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Kyz,

inclination of principal longitudinal axis of airplane with
regpect to flight path, positive when principal axis is
above flight path at nose, degrees (a - ¢)

angle of flight path to horizontal axis, positive in climb,
degrees

radiug of gyration 1in roll sbout principal longltudinal axis,
feet

radius of gyration in yaw about'principal vertical axis, feet

nondimensional radius of gyration in roll about principal
longitudinal axis (kxolla

nondimensional radlus of gyration in yaw about principal
vertical axis (kzo /b)

nondiﬁensional radius of gyration in roll about longitudinal

2
stability axis (V%ko cosen + Kzozsinen
nondimensional radius of gyration in yaw about vertical

stability axis (l/KZOQCO'szn + Kx0251n2n>

nondlmensional product-of-inertis parameter
2 2
((Kzo - Kko )sin n cos n)

trim 11ft coefficlent (F—%)—B—Z)

rolling-moment coefficient (Rollinggmomenf)
q

awing moment)

yewlng-moment coefficient (Y
aSb

lateral-force coefficient

(Lateral force
aS '
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acZ ac,

C-L = em—— Cz I —
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ov oV

oC oC

Coy = __%: Cp,, = __%
I

3% O

CY =§E¥. CY !EE_Y.
P b r rb
3% 3%

time, seconds

nondimensional time perameter based on span (Vt/b)

differential operator (Eg—)
8p

period of oscillation, seconds

time for amplitude of oscillation to demp to one-helf its
original wvalue ) _

time for amplitude of oscillation to double 1ts original value

real part of complex root of characteristic stability equation

angular frequency, radlans per second

7\,=ai'i(bs
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T time lag between signal for control and its actual motion,
seconds
Sa deflection of the auxiliary control surface, radians
acn
TN
control-effectiveness parameters
BCI
Cigy = 5,
o angle of attack wlth respect to longitudinal body axis, degreesg
(See fig. 1.)
o inclinstion of gyro reference axis to longitudinal body axis,
degrees (See fig. 1.)
¢ inclination of gyro reference axis to longitudinel stability
or flight-path axis, degrees (See fig. 1.)
ACnr increment of Cnr due to the autopilot
Acnp increment of CnP due to the autopilot
ACy.. increment of Cj, due to the autopilot
ACZP . - increment of Clp due to the autopilot
*GA yewing velocity about an axis perpendicular to gyro reference

axis, radians per second (%GA = ¢SA cos & + ¢SA sin §)

(wavGA = % Vgp = Dp¥ga cos & + Dyfgp sin &

38,
K control gearing ratio | —=
oV /ga

CL&A 1lift per unit deflection of auxiliary control surface
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1 distance from center of gravity of asirplane to center of
pressure of auxiliary control surface, feet

h distence from airplane longltudinal body axis to center of
pressure of auxiliary control surface, feet

Subscripts:

GA eutopilot, gyro axis

SA stabllity axis

BA airplane body axis

A - suxilisry control surface

R rudder

ANALYSIS

Equations of motion.- The linearized equations of motion, referred
to stabllity axes, for the condition of controls fixed are:

Rolling

2Hp (KxeDb2¢ + szDbe'*') = C1gP + %_Czprfé + %'Czrwa
Yawing

| aub(KZQDb% . KXZD-D2¢) = Cng + 2 Co Db + % Cn DV
Sideslipping

+

2|J,b<D-bB + qu;) = CygB + 5 Oy Dub + Opf + 5 Oy Db + (CL ten 7)¥
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Age- As . AB
When @Y is substituted for §, ¥y.e P for ¥, end Bge ©

for B 1in the equations written in determinant form (where ¢o: Yos

and B, refer to the constant coefficients in the solution for @, ¥y
and B, respectively), A must be a root of the stability equation

L

AT+ B + M2+ DL+ E =0 (1)

where

A = 8%3(Kx2Kz2 - sza)
B = -2 "{ 2y 0y, + Ko, + KP0r, - 2Py, - Kyglr, - Krglny)
C = ub(KXQCanYB + h“bezan + KZECZPCYB + %cnrczp - %ygCq Oy -
i v 5 Co 01, = CopfxzCyy + KxzlngCyy, - KZQCYPCzB -
KXECYrc ng ¥ KXZCYrCZB)

1 1
D= - 5CnC Cyg = 02, Cng * 100, 02, Cyy + mOnCrg + PhCKyslng -

2
2y, C1 Kz °Cq p = 2bkx CogC, ten 7 + BuKysCy Uy tan 7 + '][;'CZPCD-BCYI' -
1 1 1

Cy; Co¢ - C + C;,.C
nC1.%,, = 1,505 *+ 1%,C140y,

E = ]E-CL(cnrczB - Clrcnﬁ) + %CL tan 7<C7'Pcn3 - CnPCZB)
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The damping and period of the lateral oscillation in seconds are
given by the equations

0.693 b
Tfe == ¥ a<?0
_ 0.693 b
T2 =¥ al> 0
p=628D
w v

where & and ®; are the real and imaginary parts of & complex root
of stability equation (1y. . .

Stability derivatives contributed by autopilot.- In order to analyze
the effect on the lateral stability of an airplane of installing an auto-
pilot sengitive to rate of yaw, the derivation of equations describing
the increments to the stability derivatives which must be included in
the equations of motion 1s necessary. The system of axes employed in
the derivations is shown in figure 1. Since the equations of motion are
derived with respect to the stability axes, the autopllot derivatives
must also be related to the stability axes. The autopilot, through use
of an suxiliary rudder surface, introduces a yawlng moment-about the
vertical body axis and a rolling moment about the longitudinal body axis,
both of which are proportional -to the rate of yaw with respect to an
axls perpendicular to the gyro reference sxis; that is,

.

98,

(Cn)ma = Cugy® = Cns, m@b“’)

38, 5
Ly 525;;7—_( bw)

(CE)BA = ClsAf’A c

Now,

(wa)GA = (Db*)sz-\. cos ¢ + (Db¢)SA sin ¢
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(Cﬁ)SA = (Cn)BA cos a - ('CZ>BA sin «

(CZ)SA‘= (CZ)BA cos a + (Cn)BA sin «

Therefore, by substitution

o'l

ED-DW)SA cos ¢ + (Db¢)SA sin §]

(Cn)SA = (CnBA cos a - CzSA gin a)K

—

_ | y
(CI)SA = (CZSA cos @ + Cpg, #in <:L)KE (Dbﬁr)SA cos £ + (Db¢)SA sin g:l
aBA ..
wvhere K = The angles ¢t and a are assumed to be smell. Thus s
o(¥)ga '

the usual simplification is made thet the sine of & small angle is equal
to the angle in radians and the cosine is equal to unity. The preceding

equations therefore become
\

Caden = (Cmoy - 10} 0wt + H(0u8)g,

(2)

_TDW)SA + e(nb%

olg

(CI)SA

C, + olp. \K
( lgy - nﬁA)

Equations (2) may be written in the form

o
n
= = + —n_.

(Cn) SA (Db¢) SA

TR

3¢
L (Po¥)sa

(CI)SA = S-(DbT)SA

3(Dud)g,

PO

a(Db¢)SA(Db¢)SA
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where

Thus

3(pf)sa

v 1

=K :D-(cza * acnsA)g -3 &0
v

oK _<cn5A - “ClaA)

oK ..<cn5 - aC15A>§ Ay b

NACA TN 2470

> (3)
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The control effectiveness parameters CnSA and of the auxiliary

c
LN
rudder surface are given by the expressions

\ A\l
C. = -c. Al
nSA LBA W b
(&)
CZ =C _Sé}_l—-_.c 1
Ba Lap Sy b Ty

Values for the derivative CL§A were estimated from unpublished theo-

retical results based on the Welssinger lifting-surface theory. When
these expressions for CnBA and CZSA are substituted in equations (3)

the following equations result:

1

_ ok v Sp 1 ha!
Mop = EKECLSA&,?E(“'T)

~ (5)

r b Ldp Sy
Ay = -2k Yo, S_Alga-Ll):g
P b U8 Sy b lr

-

The values of the derivetives Cnr: Cnp, Czr, and CZP which sppear

in the stability equations must be modified therefore to include_thé
increments ACnr, ACDP, ACZr; and ACZP.

For this investigation a further assumption has been masde that the
center of pressure of the auxililary surface is located a negligible
distance from the fuselage center line; that is, h 1s approximately
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equal to zero. Also, the product Ea 1is considered to be of second
order and terms involving this product have been neglected.

Equations (5) become therefore:

~
s
v Al
Mnr=_2KECL8A§-E
. v Sp 1
Mo = -2 5 Oy 5y 5 8= ¢ ¥y
~ (6)
s
v Al
A, =-2XKYeop Lla=an
L -2 it
ACI =O
i . - </

The derivative CLBA is algebraically positive; therefore, when ¢ 1s

a negetive angle (that is, for the gyro reference axis below the flight
path), ACnp is positive. Similarly, when o 1s negative, aczr is

positive. "It will be shown in a subsequent section entitled "Results
and Discussion" that the term AClr hag only a negligible effect on the

demping of- the lateral oscillation of the airplane and was therefore
omitted in the analysis. ’

If the location of-the auxillery shrface ia such as to make the
agsumption h = 0 invalid, the increments to the stability derivatives
ghould be calculated from equations (5).

RESULTS ARD DISCUSSION

The present investigation wes undertaken to determine whether an
autopilot sensitive to rate of yaw would satisfactorily improve the
inherently poor laterel stebility characteristics of a typical high-
gpeed fighter airplane. The motlon in sideslip of such an alirplane sub-
sequent to & rudder deflection of 10° in flight for a simulated landing
condition at 12,000 feet is shown in figure 2. The landing gear
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and flaps were extended. The mass and aerodynamic characteristics for
this flight condition and other conditions considered to be representa-
tive of this type of aircraft are presented in teble I. The motion of
figure 2 1s approximately undamped CTl/g = 100 sec) and has a period of

2.5 seconds.

If the assumption is made that the autopilot gyro axis is alined
with the longitudinal stebility axlis, the autopllot effectively only
introduces the derivetive ACnr. As indicated in a previous section

entitled "Stability derivatives contributed by autopilot," the expres-

8
sion for ACy, i1s a function of two paremeters, §£ and the control
W

gearing ratio K, which may be arbltrarily selected by the designer.
It was therefore necessary first to determine the value of ACp,. which

would glve satlsfactory lateral stability and then to determine the
S
combinations of §% and K which would result in that prescribed value

The criterion for satisfactory lateral stability as specified in
reference 3 is shown in figure 3. The time required for the emplitude
of the oscillation to be reduced to one-half its original value Tl/2

is plotted against the period P. For the flight condition described
previously, the value of Cnr = =1.0. The period-damplng relationship
of the airplane for this value of Cn, 1s located on the unsatisfactory

side of the boundary. The period for the baesic flight conditlon, as
pointed out before, is 2.5 seconds and Tp/p 1s &bout 100 seconds.

When Cp . was increased to -2.0, that is, ACp, = -1.0, the period-

demping relationship almost exactly satisfied the criterion. For
ACp,, = -2.0, the relationship is such as to fall well into the acceptable

range. Thus, for ACp, = -1.0 or -2.0, the period-damping relationship
of this airplane would be satisfactory.

A theoretical analysls was made therefore to determine the amount
of auxiliary area necessary to give these increments of Cn, for dif-

ferent gearing ratios of the autopilot. The results of this analysis
Sp

are presented in figure 4. The ratio = has been used as an ordinate
R
» SA -
instead of —, since a part of the rudder surface 1ls assumed to be

used as the suxiliary control surface.’
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The combinations of gearing ratio and auxiliary area which would
result in a Acnr = -2.0 for the previously described flight condition

(condition I, table I) are given by the curve ACp, = -2.0. For the

gearing ratio of 2 to 1 which was selected for the subsequent analysis,
the required ares is approximately 20 percent of the rudder area. This
gearing ratio of 2 to 1 means that the auxiliary surface will be
deflected 2° for a rate of yaw of 1° per second. For the rates of yaw
encountered on this airplane, this value for the gearing ratio is reason-
able. The value of ACp,. obtained by use of & specific suxiliary

surface will be different for other flight conditions since its magni-
tude varies directly with airspeed. (See equation (6).)

Effect of inclination of the gyro axis.- The assumption was mede in
the preceding analysis that the autopilot gyro axils was alined with the
flight path or longitudinal stebility axis. Since the equations of
motion are derived wilth respect to the stability axes, the autopilot was
in effect increasing only the stability derivative Cn,. For this type

of autopilot the angularity between the longitudinal body-axis and the
gyro spln axis, once fixed, 1s preserved for all flight conditions and
therefore the gyro axis is alined with the flight path for only one angle
of attack.

For any flight condition where the gyro axis is not alined with the
flight path, that 1s, ¢ # 0, the autopilot 1s sensitive to both yawing
and rolling velocities about the stability axes. Hence, an increment %o
the yawing moment proportional to rolling velocity about the stability
axes must also be introduced into the equations of motion. This addi-
tional yawing moment due to rolling velocity is in effect an increment
in the stability derivative Cnp.

This derivative Cnp has been shown to have aen important effect on

the damping of the lateral oscillation (references & and 5). If ACh

i1s algebraically positive it will have a stabilizing effect provided it--
is not allowed to become excessively large. If ACnP becomes too large

& positive quantity, another oscillation which becomes less stable with
further increases in ACnp wlll be introduced.

Calculations taking into account the derivative C were made for

the four flight conditlions described in teble I in order to determine a
value for the angle @ (see fig. 1) which would be satisfactory throughout
the range of likely flight conditions. KNumerous values of the angle @&
were investigated and the results are presented in figure 5. The period
of the oscillatory mode P and the time to demp to half-amplitude T1/2
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in seconds are plotted against the angle ¢ 1in degrees. Tor the flight
condition at 12,000 feet (fig. 5(a)) the damping of the original oscil-
latory mode, denoted by (Tl/E)l: continues to improve as ¢ 18 increased

in the positive direction. The period of this mode increases slightly

as ¢ is increased to 29, but beyond this value it becomes somewhat less.
For a value of ¢ approximately equal to 2° a second oscillatory mode

is introduced into the system. The damping and period of this mode are
shown as (Tl/g)_2 and Pp, respectively. For ¢ > 2° this second

oscillation becomes rapidly less stable and for ¢ > 8° +this mode is
unstable. The perilod of this second oscillation at first decreases,

but for ¢ > 3° the trend 1s reversed and the period becomes longer

for further increeses in ¢. The formation of this second oscillation
end its subsequent decrease in stability with increeses in ¢ 1s due

to the large positive values of the derivative ACnP. The perlod of this

second oscillation is, in general, much longer than that of the original
osclllation.

For the landing condition at sea level (fig. 5(b)), the demping of
the lateral oscillatlon continues to improve with increases in &, while
the period lncreases only very slightly. For the range of ¢ invesgti-
gated a second oscillation was not introduced. The results for the sub-
gonlc condition at 50,000 feet are shown in figure 5(c). As & is
increased, the damping of the original oscillation improves conslderably;
while the period of this oscillation is relatively unchanged. For ¢ > 5°
a gecond oscillation is Introduced which becomes rapidly less stable for
further increases in ¢. The period of this mode continues to decrease
for the range of ¢ 1investigated. For the supersonic condition at
50,000 feet (fig. 5(d)), the same trends are noted for the oscillation
which is present for ¢ = 0° as were noted for the same oscillation in
the subsonic condition; that is, the damping becomes greater as ¢ 1s
increased and the period is relatively unchanged. For & > 50, a second
oscillatory mode again is introduced which becomes less stable for
larger values of ¢. The results shown in these figures indicate that
the demping of the lateral oscillation will be satisfactory for all the
conditions discussed i1f ¢ is between 0° and 5.2°.

Effect of time lag in the autopllot on the airplane motions.- An
experimental frequency-response investigation of an autopilot similar
to the one discussed in this paper indicated that the assumption of a
constant time lag may be justified., The time lag for the experimentally
investigated autopilot was found to be less than 0.10 second. The effect
of & time lag in the autopilot of 0,10 second on the lateral stability
of the alrplane was determined by the methods of reference 6 snd was
found to be negligible. In order to verify thils result, the airplane
motion in sideslip subsequent to a disturbance in sideslip of 5° was
calculated for each of the flight conditions discussed previously and
&' time lag of 0.10 second was taken into account., The motions, which
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were calculated by using & step-by-step procedure, were obtained for

two values of the angle ¢, -2° and 5, and the results are presented

in figure 6, The values of Ti1/o and P as determined from these
curves are almost identical with the value for the corresponding flight
conditions as shown in figure 5 for which zero time lag was assumed. :
For ¢ = 5.29, the presence of & secondary oscillatory mode can be
detected in the flight condition at 12,000 feet and in the high-speed
condition at 50,000 feet. Also, for ¢ = -2°, the damping of the oscill-
ation for the landing conditlon at sea level and the subsonic case at
50,000 feet barely satisfies the damping criterion of reference 3.

Effect of ACj,.- The autopilot derivative ACzr wes dlscussed in

a previous section and was assumed to be negligible in the present——
analysis. In order to Justify this assumption, the motion for ¢ = 5.29
for the subsonic case at 50,000 feet was calculated by teking into

account the derivative AC;_  as defined in equations (6). Points on

the resulting curve are shotm in figure 6 for condition III. It is readily
seen that the derivative ACIr has no effect on the motion for this

case.

Additional celculations.- The assumption wes made in the previous .
analysis that. the center.of pressure of the auxlillary surface was located

on the.fuselage center 1line, that 1s, % = 0. In order to determine the

effect of locating the surface at a positlion above the fuselage center
line, some additionel calculations were made for the center of pressure
of the surface 6 feet-above the fuselage center line Q% = O.EM). Several
inclinations of the gyro spin axis were investigated for each of the
flight conditions discussed previously and the increments to the stability
derivatives Cnps Cn s Czr, and C,;  were calculated from equa-

tions (5). A comparison of the values of T1/2 and P obtained for

these two center-of-pressure locatlions 1s presgsented in table II. The
values of ACnr and ACnP were assumed to be the same for both center-

of-pregsure locations for each gyro-axis inclination since the term %?

in equations (5) is negligible when it is compared with unity. In
general, the results for both center-of-pressure locations show the same

h 4
trends. For & = 0.24 the epirsl mode (Tl/z)l is less stable than

was lndlicated by the results for % = 0. The formation of the second

oscillatory mode for each condition investigated occurs at higher values
of ¢ for the high center-of-pressure locaetion than for the cases where

2 0. The decreasé in spiral stability 1s due primarily to the large

b
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positive values of AC;.; whereas the delay in the formation of the
additionel oscillatory mode is due to both the large positive value
of ACZ and the negative values of ACZP' For the values of ¢ which

resulted in small values of ACZ , the period and damping of the oscil-
atory mode were only slightly affected even though ACZ wag large.

For example, the value of AClr for condition IV is spproximately ten
times as large as the Ci1, of the airplane, but for ¢ = 29, where

Aczp = -0.03, the only significant effect 1s on the spiral stability.

The general effect of locating the surface above the fuselage center

line is to sghift the curves of figure 5 along the ¢ eaxis in the posi-
tive directlon. As a result, the range of ¢ for which the stability
of the lateral oscillation will be satisfactory is extended to include

higher values of ¢ +than for the case of % = 0. For this particular

center-of-pressure location, an inclination of the gyro axls of as much
.ag 10° will result in satisfactory stability.

CONCLUSIONS

The following conclusions were resched from a theoreticael anslysis
of the effect on the lateral gtability of a typical high-gpeed airplane
of an autopilot sensitive to rate of yaw:

1. The damping of the lateral oscillation of the airplane studiled
for a1l the flight condlitions discussed should satisfy the Air Force -~
Navy criterion when the proposed autoplilot is installed.

2, Vhen the effect of a rate gyro on the latersl stability of a
particular airplane is enalyzed it is important to take into account
the inclinstion of the gyro spin axis to the flight path. For the case

of h. = 0, values of @ between 0° and 5° were satisfactory for the
configurations considered; whereas, for h- 0.24, values up to 10°
resulted in satisfactory stability.

3. A time lag in the autopilot of 0,10 second had a negligible
effect on the calculated lateral stability of the ailrplane analyzed.

Langley Aeronsutical Laeboretory
National Advisory Committee for Aeronsutics

. Langley Field, Va., June 27, 1950
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ATRPLANE AT VARTOUS FLIGHT CONDITIONS

TABLE T
MASS AND AERODYNAMIC CHARACTERISTICS OF A HIGH-SPEED

Condition
I IT III Iv

Altitude, £t 12,000 0 50,000 50,000
W/Sy, 1b/sq £t 53 53 53 53
Sy» sq Tt 175 175 175 175
b, ft 25 25 25 25
o, slugs/cu ft }0.001648 | 0.002378 | 0.000361 | 0.000361
V, ft/sec 458 235 776 1169
Mach number 0.43 0.21 0.80 1.2
1/b 0.80 0.80 0.80 0.80
7} deg "19-2 O O 0
Cy, 0.29 0.80 0.%9 0.22
By ko 27.7 182 182
Ky 0.0181| 0.0156| 0.0156| 0.0159
K,2 0.153- 0.156 0.156 0.155
Kyo, -0.0186 0 0.002 -0,006
n, deg ~8.5 0 0.85 -2.55
€, deg 5.2 5.2 3.35 3.35
CZP, per radian -0.33 -0.30 -0.33 -0.33.
Clr’ per radian 0.37 0.35 0.23 0.15
Cpys PeT radian 0.22 -0.05 -0.05 -0.01
Cpp» Der radian -0.984|. -0.7T7 -0.69 -0.67
cYb’ per radian 0 0 0 0
CY}’ per radian 0 0 o] 0
CYB’ per radian -0.79 -0.59 -0.58 -0.57
CnB, per radian 0.k 0.29 0.25 0.23
Cyq) Per radien -0.23 -0.17 -0.18 -0.11
a, deg -3.3 5.2 k.2 0.80
g, deg -3.3 - & 5.2 -0 “'02 -0 o.8 -
K . 2 2 2 2
Cpgps Per radien -0.027 -0,027 -0.027 -0.027
54 0.20 0.20 0.20 0.20
Sr
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TARIE IT
COMPARTSON OF PERTIOD AND TIME TO DAMP TO ONE-HALF ANFLITULIE FOR TWO

CERTER-OF-PRESSURE LOCATIONS OF THE AUXTLIARY SURFACE

b _g. h
._E_o,mlr-mlp.o . E=c.ah
‘Oacillations Oscillations
Condition AC o T jo 7 b Ty /o N 20,
¢ o, | “op ( /2h (1/2)2 mp | » (1/2)1 {r/ )e Tia| ¥ ir D
I -2.0 |-1.98| 0.085 | 1.50 0.26 | 1.06 2.80 3.48 0.2k |1.29| 2.52 {0.TL|-0.016
2.0 [-1.98} .183 | --— e :6 g:?,h 3.14 25 f1o7]| 2.13 | .TL| -.065
6.0 [-1.981 321 | --er | o-me .{3:392 7:09 2.67 26 | .89f 3.03 | .l -.118
; 8.28 ’ 1.25 |11,
10.2 {-1.98¢ W66 | --ue - .32 | k.22 £.65 —— ———— S| ay JTL | =167
IiT 2.0 |«1.01] -.127 3.24 .32 %.50 3.27 5.24 .35 13.8B3 | 3.20 .21 027
5.2 |-1.0L|0 - 2.70 34 | 3.20 3.50 k.69 3k J2.77 ] 3.4 | 21| O
10.2 |-1.0L| .0B9 | 2.26 37 | 2.8 3.60 k.o .35 |2.15 | 3.60 .21 | =019
III -2.0 |-3.35| -.363 | 3.91 b3 k.10 2.83 5.20 45 19.65 | 2.95 .76 .08
2,0 {-3.35| -.129 2,6k .58 2.1 2.98 L.09 .52 {3.151 3.12 .T6 029
6.0{-3.35| 1051 —-oc | - ig 2;:5 87 61 112 | 3.33 | 76 |.-.02n
10.2 |-3.35| .35L| --—- — {3:86 1;:3 ——- —— }gg 2;’:2 16| -.08
v -2.0 |-5.05 | ~.2b47 h'.12 .30 .97 2.5 8.5 .38 .96 | 2.30 | 1.4k .0TL
2.0 |-5.05| .106 | 2.18 5T .61 2.6 6.82 . i} 2,49 [1.Mh ] .03
6.0 |-5.05] .hs8 | .o — .%Ig 13% 5.20 S5 1 s | eare |1 | -.13
10.2 |-5.05| .810 | --—- —— -36 {9.0 1:3} 2.61 1.25 | .bo | 3.83 |1.kk | -.23

OLye NIL VOYN
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Body axis

Gyro axis
_i"' Flight path
ﬁiqninppf

Figure 1l.- System of axes used in analysis of stability derivatives contri-
buted by autopilot. Arrows denote positive directions.
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Figure 2.- Motion in sideslip of & typical high-speed fighter airplane at
an altitude of 12,000 feet, flaps end gear down, Cp = 0.29.
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Figure 3.- Effect of Cnr on the damping of the lateral oscillation of

the high-speed fighter airplane.
The preriod-demping criterion of reference 3 is superimposed.

Condition I.

(See table I.)
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Figure b.- Combinations of auxiliary surfece area and autopllot gearing
ratios necessary to obtain various amounts of N,
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(a) Flight condition I. Velocity, 458 feet per second; altitude,
12,000 feet.

Figure 5.- Variastion of period and damping of the lateral oscillation
of the airplane with autopilot-gyro-axis inclination.
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(b) Flight conmdition II, Velocity, 235 feet per second; altitude,

sea level,

Figure 5.- Continued.
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(c) Flight condition III. Velocity, 776 feet per second; altitude,
50,000 feet.

’

Figure 5.- Continued.
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(d) Flight condition IV.

50,000 feet.

Figure 5,- Concluded.

Velocity, 1169 feet—per second; altitude,
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Figure 6.~ Airplane motions in sideslip for several representative flight:
conditions. T = 0.10 second.
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